SPH MODEL TO SIMULATE MOVEMENT OF GRASS MEADOW OF POSIDONIA UNDER
WAVES
Thibault Oudart 1 and Philippe Larroudé 2
The objective of this paper is to try a new approach to simulate the interactions between waves and algae. The chosen
method is to simulate waves and plants through SPH (Smoothed Particle Hydrodynamics, SPH). In this model, the
algae are defined as a solid that respects Hook's law, which is in direct interaction with the fluid part. Given the
properties of this method especially in terms of computation time, the dimensions of the simulations are limited. A
successful representation of the movement of algae under waves or/and current by SPH will permit the determination
of coefficient of friction corresponding to a type of algae, that can be used in a different larger scale code.
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INTRODUCTION

The seagrass, Posidonia oceanica, is present in a lot of Mediteranean sandy beach. It is crucial in
protection against coastal erosion. The importance of sea grasses regarding physical aspects has been
well recognized; due to their capacity to damped the wave effect. Sea grass meadows are of great
importance regarding the coastal protection aspect because sea grasses have the capability to capture
sediment and so to participle at the shoreline stabilization. The Sea grasses meadow slow water motion
and attenuate the sediment transport in suspension. The effects of sea grasses are a lot studied on cross
shore flows especially about the wave-sea grasses interaction. The degree of wave attenuation depends
both on the sea grasses characteristics (the density, the height and the capacity of the shoots to bend and
the wave classical parameters (wave height, period and direction). The quantification of wave energy
dissipation over plants does not have a trivial expression (Mendez, 2004). Numerical modeling for such
wave-sea grasses interaction is tricky because the parameters of the plant stiffness and movement under
waves are difficult to define with a mathematical model. Therefore most of numerical studies
approximate the grasses as to be rigid using different values for the drag coefficient (Dalrymple1984).
Some experimental studies on wave dissipation due to this sea bed vegetation have been performed,
with large variability of the results for wave damping over Posidonia or other meadows that confirm the
difficulty to represent this flow system.
DESCRIPTION OF THE FSI APPROACH WITH SPH METHOD

The SPH method is based on the theory of interpolation (Monaghan, 1982; Monaghan, 1992; Benz,
1990; Liu, 2003; Monaghan, 2005). Its formulation is often divided into two parts: the first being the
integral representation and the second "the particle approximation" (particle approximation).
The first condition is the normalization condition, the second condition is the Delta function
property that is observed when the smoothing length approaches zero and the third condition is the
compact condition where κ is a constant related to the length of smoothing and defined the effective
area of the smoothing function
The stability of the SPH algorithm depends heavily on the second derivative of the kernel (Morris
et al, 1997). There are different kernel functions, the most known is a Gaussian function. In this study,
we use primarily the function of the third order of Monaghan and Lattanzio (Monaghan et al, 1985)
known as the B-spline function.
The accuracy of the SPH method can be improved by increasing the number of neighbors, which
also significantly increases the computation time. In the case of 2D, a number of neighboring particles
between 20 and 30 is a good compromise between accuracy and computation time.
Fluid-solid interaction
There are several methods to calculate fluid-structure interaction in the SPH method. Easiest
method is to consider that the constraints of solid particles at the interface are directly equal to those of
fluid particles. The second approach is to build an interface area between the fluid and solid particles
where forces are calculated on the forces exerted by the fluid particles. These forces are then applied to
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solid particles, as well as fluid particles by interpolation at the interface. The second method is one that
seems the most compatible with the code used and it is to consider the both domain (fluid and solid) as
a boundary one with respect to the other to calculate the forces of action and reaction.
Solids and fluids are differentiated and those located more than 2h from the interface zone are
interacting only with particles of the same species (particle a2 Fig. 1). On the other hand, the particles
near the interaction zone interact with all particles. The simplest approach in this case is to extend the
summations of equations for the fluid and particle part to all particles b regardless of their natures.

Figure 1: Fluid interaction (blue, left) solid (green, right) near the interface and convention of the
normal to the interface
In principle the interpenetration of different types of particles is possible, but the correction XSPH
can prevent it. This coupling method is equivalent to the conditions at the interface between the two
types of particles:

uif = uis

(1)

σ ijs n js = −σ ijf n jf

(2)

where the subscripts s and f represent the solids and fluids and the sign convention is that used in figure
1. Note that this approach is only valid for fluids where the viscosity is taken into account.
In the second approach (proposed by Antoci et al, 2007), the velocities of the fluids and solid
particles at the interface are coupled as the constraints:

uif ni = uis ni

(3)

σ ijs nis n js = p f

(4)

These equations need the precise position of the interface and the direction of the normal. One way
to define the interface and the normal is given by Randles et al, (1996) However in our case, it is not
necessary to take into account the fragmentation of the solid part, the latter remaining connected which
makes the identification of the interface easier. The interface is defined at a distance d/2 to the solid
particles as shown in figure 1 (where d represents the distance between the initial particles) :
For all solid particles at a distance less than 2h from the interface, we define the unit tangent vector:

 x −x
y −y
tˆa = (tax ; tay ) =  ra +1 ra −1 , r a +1 r a −1
 xa +1 − xa −1 ya +1 − y a −1
and the unit normal vector:

nˆa = (− tay , tax )






(5)

(6)
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The position of the interface for each particle is also defined by:

r
r 
1
xint a = xa +  rl + dnˆ a
2

where

is the number of lines between the particles

(7)

a

and the particle interface.

Definition of the condition of dynamic interface
The condition of dynamic interface that is equivalent to the principle of action reaction is imposed
by applying the fact that the force exerted by the fluid on the solid has the same magnitude as the force
exerted by the solid on the fluid, but the opposite direction. For the force exerted by one phase to
another, we consider the pressure gradient on the field Ω limited by the surface ΓΩ :

r
r
r r
r
r r
∇p ( x ) = p ( x ' )W ( x − x ' , h ) Γ + ∫ p ( x ' )∇ xrW ( x − x ' , h )dΩ'
Ω

(8)

Ω

which when discretized by SPH method becomes:

r
∇p ( x ) =

∫ p (x ')∇ W ( x − x ' , h )dΓ'+ ∑ ρ
r

r

mb

r

r
x

ΓΩ

b

PbWab

(9)

b

Assuming that the pressure varies linearly and that the support of the core is limited to a group of
particle, we can define a pressure at the interface as the sum of pressure points in the length of
smoothing kernel. By applying the divergence theorem and using the approximation of SPH after (Ha et
al. 2011). We can rewrite the surface integral as:

∫ ∇ W (x

r

s
Fintf →
= − p int a
a

r
x

int a

r
− x ' , h )dΩ

(10)

Ωf

s
Fintf →
a = − p int a

s
Fintf →
a

mb

∑
ρ
ε

b Ωf

r
r
∇ xrW (x int a − x b , h )

(11)

b

represents the intensity of the force imposed by the fluid on the point of interface and the

pressure exerted by the fluid particles on the interface is interpolated by:

mb

pint a =

∑
ρ
ε

b Ωf

b

mb

∑ρ

bεΩ f

s
Fintf →
a

r
r
PbW (x int a − x b , h )
r
r
W (x int a − xb , h )

(12)

b

can be directly brought back to the corresponding solid particle

a

and added to the

equation of motion:

Sija Sijb
Fiaf →s
  Pa Pb 
 ∂Wab
q




= ∑ mb  −  2 + 2 δ ij + 2 + 2 + Π abδ ij + Rijab f .
+ gi +
Dt
ρa ρb
ρa
b
  ρa ρb 
 ∂ a ∂x j

Dvia

(13)

Finally, the reaction force on the fluid particles is interpolated using the symmetric particle of each
solid particle with respect to the interface.

Fas*→ f = − Faf →s

(14)
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Fas → f = ∑
a*

ma*

ρ a*

r
r
r
Fas*→ f W ( xa − xa* , h ) xa ∈ Ω f

(15)

This reaction force is then added to the equation of motion of fluid particles:

Fias*→ f
  Pa Pb   ∂Wab


= ∑ mb  −  2 + 2 δ ij .
+ gi +
Dt
ρa
b
  ρ a ρ b   ∂ a ∂x j

Dvia

(16)

However, this method requires the creation of interface points that are difficult to create with the code.
In addition, the algae did not prevent the passage of fluid particles across the frond.
The third method is based on the repulsive forces. This method draws heavily on the previous, but
has the advantage of not requiring intermediate particles. It is based on the method presented by
Monaghan (1994). From the normal to the solid particles calculated as previously, we consider them as
boundary particles with respect to the fluid particles, that allows the calculation of reaction force.
Finally, the inverse of this force is applied to solid particles. The force exerted by a fluid particle on the
solid particles and calculated on the normal is given by Rogers and Dalrymple (2008):

r
f = nR (d ⊥ )P (ξ )ε (z, u⊥ )

(17)

d ⊥ is the perpendicular distance of the particle
fluid to the solid particles, ξ is the projection of the distance between the solid particles and u ⊥ is the
fluid velocity of the particle projected on the normal. The function of repulsion R (d ⊥ ) is calculated
from the normalized distance to the solid particles, q = d ⊥ / 2h , as following (modification to
where n is the normal solid particles, the distance

Monaghan and Kos (1999) original development):

R (d ⊥ ) = A
A=

1
(1 − q )
q

1
0.01ci2
h

(18)

(19)

ci is the speed of sound for the particle i .
The function P (ξ ) is chosen so that the repulsive force is constant and parallel to the particles on

where

the edges of the solid part:

P (ξ ) =

1
 2πξ  
1 + cos

2
 ∆b  

(20)

∆b the distance between two solid particles on edges. Finally, ε (z, u ⊥ ) is used to adjust the
force exerted by the fluid particle according to the height of local water h0 and normal speed of the
with

fluid particle:

ε (z, u ⊥ ) = ε (z ) + ε (u⊥ )
0.02


ε (z ) =  z / h0 + 0.02

1


(21)

z≥0
0 > z ≥ −h0
z / h0 > 1

(22)
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0


ε (u ⊥ ) =  20u ⊥ / c0

1

with

u⊥ ≥ 0
20u ⊥ < c0
20u ⊥ > c0

(23)

z elevation above the water level local h0 . The normal are calculated according to equations

(5 to 7). This force is then applied to the solid particles by reaction.
The code SPHysics is an open source SPH code developed by Gómez-Gesteira et al, (2010) for the
study of free surfaces including waves. Several other open source codes have been developed from
SPHysics, including a parallel code "parallelSPHysics' and codes using the computing power of
graphics cards (GPU) as "GPUSPH". SPHysics code primarily uses the language Fortran 90 and
consists of three main parts to perform all the steps required to process a case.
CALIBRATION AND EXPERIMENTAL DATA COMPARISON

The first test comparison was to calibrate and validate the Fluid Structure Interaction (FSI) that we
use for the movement of algae. We compare the SPHysics results with those obtained numerically by
Antoci et al, (2007) and in laboratory experiments using the SPH method. The experiment consists in
the deformation of an elastic beam acting as a dam to a water column. The beam is fixed at one end and
free at the other.
The experiment is described in detail by (Antoci et al, 2007). The figure below (Figure 2) shows a
diagram of the experiment.

Figure 2: Schematic of the experiment conducted by Antoci et al. 2007
Table 1: Dimension of experiment
A(m)
H(m)
B(m)
B*(m)
L(m)
s(m)

0.1
0.14
0.1
0.098
0.079
0.005

All dimensions of the experiment are given in Table 1. The elastic properties of the beam could not
be determined precisely by Antoci et al, (2007) and the value chosen for the Young's modulus in the
simulations is the one giving results closest to experiment. The data on the fluid and elastic used are
summarized in Table 2:
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Table 2. Properties of the fluid and the elastic moduli used

Fluid property
Density ρ(kg/m3)

1000

Compressibility modulus ε (N/m2)

2x106

Solid property
Density ρ (kg/m3)

1100
2

Young modulus E (N/m )

1.2x107

Shear modulus µ (N/m2)

4.27x106

Bulk modulus K (N/m2)

2x107

To compare the results with those from the experience of Antoci, as well as with their simulations,
we can trace the movement of the end of the plate (Figure 3). Note that the results match those obtained
experimentally. However, as SPHysics can not use different particle sizes, we chose to use
compressibility one hundred times less than that given in Table 2 to reduce the time step. Despite this
difference in the compressibility, the displacements obtained seem correct (see Figure 3). Moreover, we
note that the behavior of the free surface is close to the real case (Figure 4). The computation time is
approximately 36 hours to 0.4 seconds of simulation

Figure 3: Horizontal displacements of the free end of the plate of the Antoci et al.(2007)
experiment (), different value of the bulk modulus in our third SPH FSI approach (-,, ▴ and ) and
the test with the first approach described in this paper ()
To study the influence of compressibility, we have also varied its value. We can see that its
influence is small, but it is difficult to know where these differences based on several elements: Antoci
et al. could not determine experimentally the elastic properties of the gate. The distance between the
bottom of the elastic and the ground is not given. Moreover, the method with the pressures gives
permanent deformations in the plate (Figure 3, symbol) at t = 0.09 seconds, which eventually break at
t = 0.3 seconds, for a displacement not more important. We therefore retain only the repulsion force
method.
.
RESULTS

In this section we will compare the results on the movement of algae with the SPH method against
experimental results. The Posidonia oceanica is an underwater plant very prevalent in the
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Mediterranean and plays an important role in mitigating the waves and sediment transport in nearshore
areas by reducing the current velocity of sea floor. It has the distinction of growing in tufts, or
herbarium (Figure 4), which will be a problem for the simulations

Figure 4: (left) Sea grass meadow of Posidonia oceanica and (right) photography of a plant
To model the Posidonia, it is necessary to know its properties, including its density and elastic
modulus. These data have been recorded by Folkard (2005) (Table 3). However, Poisson's ratio is not
known, it generally ranges from 0.3 to 0.4 for this type of solid.
To perform our simulations we have encountered several problems with the thickness of Posidonia.
The first problem is that the thickness of algae is 0.1 mm, while the particle size used in the simulations
is 5 mm. Moreover, it is necessary to model at least three rows of particles for solids in order to
construct the normal to the front and therefore there is a ratio of 150 between the modeled thickness of
the algae and its actual thickness. We have two options to handle this problem. We can reduce the
particle size by dividing by 150. Or modify the properties of the algae modeled. Reducing the particle
size results in dramatically increasing the total number of particles and also greatly increases the
computing time. In addition, since the code does not allow use of several different particle sizes, the
water particles must also decrease in size. Under these conditions, the memory needed to run a
calculation is too large and it is therefore impossible to use this method. We chose to use the second
solution of modifying the properties of the algae. Initially, we modify only the Youngs bulk and shear’s
moduli and isostatic compressibility. Another study should be conducted to determine the impact on
density. The new parameters are obtained directly by dividing the initial parameters by 150 (Table 3).
The second problem is the fact that Posidonia seagrass grow in tufts, which can not be simulated in
a 2D model; however we simulate several algae close to each other, representing a broad meadow
Table 3. Properties of real and modified Posidonia oceanica for numerical simulations
Property
Real Algea
Modified Algea
Density ρ (kg/m3)
Young modulus E (N/m2)
Thickness (mm)
Bulk modulus K (N/m2)
Shear modulus µ (N/m2)
Figure 5 shows what happens when we use the first approach of FSI with the algae movement. The
plants keep the deformation and can also definitely break in two or several part. The effect of the
Young modulus through the change of the bulk modulus cannot avoid this breaking of the plant
phenomenon. The only way to obtain a good deformation and movement is to apply the third approach
for the FSI.
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Figure 5: Movement of four plants under waves with the first approach of FSI SPH described in
this paper
Luhar and Nepf (2011) studied the flow-induced reconfiguration of buoyant, flexible aquatic
vegetation through a combination of laboratory flume experiments. The laboratory experiments measure
drag and posture for model blades that span the natural range for seagrass stiffness and buoyancy. They
also compare with a theoretical model. They test two hydrodynamic forcing: one small compares to the
restoring forces and one with a forcing which exceeds the restoring forces, in this case the blades are
pushed over by the flow. In this first study of ability of our approach to simulate the plant movement,
we compare in a qualitative point of view our simulations with several experiments. They we
constructed model blades from two different materials, silicone foam (Young modulus E= 500 kPa; ∆ρ
= 330 kg.m-3 (the density of seawater is assumed to be 1025 kg.m-3) and thickness equal to 1.9 mm) and
high-density polyethylene, HDPE, (Young modulus E= 0.93 GPa; ∆ρ = 50 kg.m-3 and thickness equal
to 0.4 mm).
The figure 6 shows the qualitative comparison with an experiment of Luhar and Nepf on the
artificial sea plant movement under waves. Our FSI implementation in the SPH code is able to simulate
the shape and the phasing of the movement due to the wave crossing over the plant. This works is the
first step it has to be continuing with a more quantitative approach. The figure 7 shows that we are able
also to simulate a sea grass meadow under waves.

T0

T0+7s
Figure 6: Movement of the artificial plant under waves at several times (left) with the third
approach of FSI SPH presented in this paper and (right) Mular and Nepf experiment
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T0

T0+4s

T0+8s

T0+12s
Figure 7: Movement of the sea grass meadow under waves at several times with the third approach
of FSI SPH.
We compare the results for different h0/halgae ratio (h0 is the reference water level in the channel)
with one algae located at x = 1.2 m (Figure 8). Figure 10 shows that the wave height generated with the
piston paddle is influenced at x = 0.6 m from the paddle and before the algae.
The height of the wave at x = 1 m and x = 1.3 m are nearly identical for all simulations with an
increase in wave heights at the approach of algae and a significant decrease afterwards. However, when
approaching the area of the channel slope (at x = 1.7 m), there is another increase of the wave height
which varies according to the ratio h0/halgae. The presence of the algae created a decrease of the wave
height, due to a lost energy by friction. This analyze requires some complementary simulations with the
foot of beach slope farer from the end of the sea grass meadow to avoid the influence of it.
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Figure 8: Wave height relative to the reference level in the channel (h0 = 0.2m) in function of the
cross shore position for the ratio h0/halgae ranging from 0.32 to 0.5. The green line shows the algae’s
position at x = 1.2 meters.
CONCLUSIONS

The SPH with FSI gives reasonable results for the various simulations, although several
improvements are still needed. Indeed, we showed using a test case of deformation of a elastic plate
over the a water column, the SPH method, with fluid solid interaction model worked and gave the
results for the movement of the solid part. Next we simulate the movement of algae in a numerical wave
flume. The different curves on the attenuation of swells, we can say that the presence of algae does play
an important role. In our first simulation over a meadow the damping of the wave height is significant
but we need more numerical experiment with longer and/or higher sea grass meadow to compare with
existing experiment in the literature. The influence of non-rigid behavior of the algae was highlighted
by the comparison of results. However the results obtained for the attenuation of waves remain
qualitatively given the sizing problems mentioned in the previous chapter. Moreover, the cost in
computation time of the SPH method is too important to perform simulations on very large areas now,
but should determine an equivalent viscosity that would be used in simulations using other method. If
the attenuation of waves obtained numerically for Posidonia is identical to the in-situ measurements that
will simulate the influence of any type of algae, and determine an equivalent viscosity based on its
properties.
Although the initial results seem consistent with expectations, many improvements are possible
especially in terms of comparison with experimental results, but also in terms of computation time in
order to launch 3D calculations. The results of numerical simulations are currently difficult to compare
with experimental results given the differences of initial parameters due to the limitations of the SPH
method, particularly related to computation time. One of the first improvements might be to compare
more than simple theoretical cases, dimensions numerically feasible, with the displacement of the solid
and the fluid part of the known, to determine whether to add a coefficient in the law Interaction. The
second element is the computation time is very important for the SPH method. One of the futur
improvements would be to use the code GPUSPH which has the advantage of being an open source
SPH code which also uses the immense computational power of graphics card.
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